NOTES
In this note, we show that F and G can be transformed into improper integrals which may be evaluated directly, using only the method of partial fractions; see, e.g.
PI.
For t > 0, + -
Integrating, we obtain
-b = and
We can now evaluate the integrals (2) and (3) 
A Class of Abelian Groups Arising from an Analysis of a Proof

GARY A. MARTIN Mathematics Department, Purdue University, Calumet Campw; Hammond, IN 46323
The 1973 Putnam Competition asks for a proof of the fact that if 2n + 1integers have the property that no matter which integer is deleted, some n of those remaining have the same sum as the other n , then all of the original 2n + 1 numbers are equal. Even before beginning to try to prove this, I was struck by the hypothesis that the numbers are integers, for the theorem seems equally plausible for rational, real, and complex numbers. Indeed, the assertion is meaningful for any abelian group. As I will demonstrate below, it is true for precisely those abelian groups which have no nontrivial elements of odd order. The proof is a generalization and extension of the slick proof of the original statement, given in [I] .
While trying to solve the problem for integers, I made two useful observations, both of which provided evidence t3at the assertion was indeed true in greater generality. First, one can generalize immediately to rationals by multiplying each number by a common multiple of the denominators, applying the known result for integers, and then dividing. This idea, that the truth of the hypothesis and the truth of the conclusion are invariant under a basic operation, reappears in Lemma 7 and is one of two ideas that constitute the proof given in [I] . Second, if 2n + 1 complex numbers satisfy the hypothesis of the problem, then so do their real and imaginary parts. If one assumes that the statement is true of real numbers, then the 2n + 1real parts are equal and the 2n + 1 imaginary parts are equal, so the complex numbers are all equal. In a more general setting, this is just the observation that the class of abelian groups for which the statement is true is closed under direct products. This
